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O

The Einstein Institute of Mathematics in Hebrew Univeristy is a quite unique and wonderful
environment for my study of mathematics. My main research theme is a study of mean dimension,
which is an averaged number of parameters of dynamical systems. My host researcher in the Einstein
Institute is Professor Elon Lindnestrauss. He is one of the pioneers of mean dimension theory and the
world authority of dynamical systems theory (he won the Fields medal by his works in the field of
dynamical systems). | cannot imagine a reaech place better than the Einstein Intitute for my study of
mean dimension theory. Professor Elon Lindenstrauss and | have already jointly worked on mean
dimension for more than 5 years. This stay gave me an execelent opportunity to enlarge our
collaborations.

The Einstein institute has a long and very nice tradition of dynamical systems theory, originally
directed by Professor Hille Furstenberg (the Wolf prize winner) and Professor Benjamin Weiss for
many years (probably more than half a century). Now their former students become world leading
mathematicians (for examples, Elon Lindenstrauss, Alex Lubotzki, Yuver Peres, Mike Hochman,
Tamar Ziegler....; this is a really surpring list of high level mathematicains) and many of them are
professors of the Einstein Institute. So the study of dynamical systems is very active there. For
example, there are usually three seminars on dynamical systems in one week. (This is quite high rate
compared to the world standard.) This is an idealistic environment for me. | absorbed plenty of hot
information every week, and conversations with the above mentioned high level mathematicians were
always impressive.

Another (a bit less important but quite nice) attractive point of the institute is its library. It has a
unique style. First, it displays books according to the subjects (e.g. dynamical systems, probabilty,
algebraic geometry, complex analysis, etc.). | love this style,which provides me an opportunity to
meet unexpected nice books. Second, it is the library for both the mathematics department and the
computer science department. So we can find not only math books but also computer science books.
This is quite helpful for my research because mean dimension theory (and many other branches of
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ergodic theory and dynamical systems) has deep connections with computer science. Indeed (as | will
write below) one of my chief achievements during this visit is to find the new relation between mean
dimension theory and rate distortion theory (one of the important branches of information theory,
originally introduced by Claud Shannon).

As | described above, the environment of the Einstein Institute is quite nice. Influenced by this, my
research was developed rapidly. The most important achievment is to find a new variational principle
in dynamical systems theory. Variational principle is a classical result in dynamics, which originally
connectes topological entropy with measure theoretic (Kolmogorov—Sinai) entropy. Jointly with
Professor Elon Lindenstrauss, | found a totally new kind of variational principle. We proved that the
metric mean dimension (an important quatity in mean dimension theory) of dynamical systems can be
expressed by the rate distortion functions of the associated stochastic processes. This discovery
connectes the mean dimension theory with the information theory more concretely and introduces
probabilistic ideas in the context of mean dimension theory, which expand the scope of the theory
substantially. The joint paper was already written up and submitted to a journal.

Besides the above mentioned work on new variational principle, Professor Elon Lindenstrauss and |
also discussed other problems on foundational issues of mean dimension theory quite frequently. I am
sure that it will result in another important development in a future.

I also developped other collaborations. Professor Yonatan Gutman (a math researcher in Poland)
once visited the Einstein Institute. We discussed the embedding problem of multi-parameter
dynamical systems (in technical terms, continuous actions of higher rank abelian groups on compact
metric spaces). We found a very new approach to the problem, which deeply uses the ideas of
communication theory. The first version of our joint paper was already written down. Now Proffessor
Gutman is checking the manuscript. I hope that we will be able to submit the paper to a journal in a
very near future.

I also worked on other problems: Jointly with Professor Yonatan Gutman, I proved a new version of
Bebutov—Kakutani’s theorem in dynamical syetems theory. Original Bebutov—Kakutani’s theorem
is a classical nice theorem (proved about 50 years ago) but it has one drawback. We found its more
satisfactory (without the same drawback) refinment. The joint paper was already submitted to a
journal.

Moreover | wrote a paper on quasi-conformal mappings (a classical theme in complex analysis) and
pseudo-holomorphic curves jointly with Professor Herve Gaussier (a researcher in France). We found
a new intersting connection of the subject with fractal geonetry. The paper was already submitted to a
journal.

As a whole, I wrote four papers during the stay in Israel. I am sure that the nice environment of the
Einstein Institute helped this high productivity.

Professor Elon Lindenstrauss gave me an opportunity to give a mini-course on mean dimension
theory. It was a great pleasure to give a course in front of world-leading mathematicians. I think my
course was succesful. I explained the solution to a problem posed by professor Elon Lindenstrauss in
1999, which is probably one of the most beatiful developments of mean dimension theory in the last
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decade. (This is a joint work with Professor Yonatan Gutman.) One audience kindly told me that our
result is quite nice.

Hebrew University is located in Jerusalem, which is certainly one of the most historical places in the
world. The history of the city is very long and complicated. Staying in this historical city was an
influencial experience for me. Many delicate (socail, political, religious) issues remain and TV news
around the world frequently report several affairs on Jerusalem. It is true that many troublesome issues
sometimes happen in Jerusalem. But | love this city and people there. The city has many interesting
traditions. The best one (for me) is Yom Kippur. It is the most holy day in year. Surprisingly, no one
drive a car on Yom Kippur. So people can walk on every road. It is a realy impressive experience to
walk on big roads which have many (possibly 10) traffic lanes. There also exist many other religious
activities all over the year. They are kind of experiences that we never see in Japan (or, probably, in
most Western countries).

My family often went to the science museum in Jerusalem close to the Hebrew University in the
weekend. This museum is very nice. It is not so big but its exhibitions are highly elaborated.
Childrean (and also their parents) can learn science very pleasently though the exhibitions. It is a
shameful fact that Japan does not have such a nice science museum although Japan is a much larger
country than Israel. The experience of this museum will be helpful in the future when I try to do some
out-reaching activities.

As a conlusion, my stay in the Einstein Institute was very successful from the view point of
mathematics.



